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KDDDDDD(K)—)(K) dddooooooo,oooood
Kk K) <cf(x)

OPrPOD0OOODO,
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Kk K] <cf(x)

+
) ) - (’;) 0O Almost Strong Polarized Partition 0 0 O . O O
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02x=«"0000000000000.
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m (Erdés—Hajnal-Rado, 1965)x U cf(x) = 00000000,

(KK+ ) ~ (:)«:f(K) '

m (Shelah, 1998) x 00 000000 OOOO0OOODOOOOO

ooa, .
(KK) - (i)«:f(K) '

m (Baumgartner—Hajnal, 2001)« 000 0OC O OO0,
()= ()
ﬁ
K K) <cf(x)

~»¢ 000000000 ZFCOOODOOO.
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Question
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Nw+1 Nm+1 N
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w
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Example

«kO00000OO00O00O,00000 V/1<K(2/1<K)DDDD|:||:||:|
gooogoo.

k0000000 O00DOo0,V,=ZFCO0D0O0O00O. 0000
ooooooooobooboboOozZrCcObbOOODO,OOn,

ZFC+ 00000000000 +Con(ZFC)

g

Con(ZFC) /» Con(ZFC+ 000000 DOOOOO).
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: oooooo.
000 A—-BOD,
ZFC + Con(ZFC + A) —
S strongly compact Con(ZFC+ B) l:l D l:l D D .

superhuge
Epe——"""
almost huge
Vopénka’s Principle <

3
extendible
T supercompact

superstrong

T Woodin
4
strong
0 exists

measurable

4

Ramsey
T Rowbottom
Brrme=—"
Kk —> (01)5* 0

T Va e “w(a exists)

4
0% exists
[ SN @5°
13

indescribable

weakly compact —
a-Mahlo «<—
T Mahlo —_
a-inaccessible
inaccessible <

weakly inaccessible
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xk000000O00O0O,vOoOooooo MODO voooooodd
oooooooooj:v-MOOODDODODODOOoOOooooooo
ono.

goo,

EMOVOOODODOOOOONCMcvVOOOO
(xeyeM->xeMOOO (Me)EZFCOODOOODOOO
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AH)j:V-MOODODODOODOOO,000 ¢(xo,-..,Xp) O
a,..apeVuoouoooooooooog:

V = ¢(ag, ....an) © M = ¢(j(ao), ..., j(an))-

B 000000 crit() = minfe | j(e) >e}000000.
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«x0 A-0000000000000,00000:V->MOOO
0000000000OoOoOooo:

M cC M.
«x00000000000000,000 A>«x0000 2-0000
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Definition (HUGE O O)

xO0 HUGEOOOOODODOO,0D0O0O0O0 j:V->MOOOOOOO
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IOMc M

oob00HUGEDOOOODOOOODOOOoOoOoOoooooo.
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gooo.

0000 (V,P)-000000 GOOOOODOOO0O00000
V[GlovDOOOOooooo.

Theorem (0D O OO 0O)
gogooow00O0O0OO:

pree 000 (V,P)-00D00D00 GODOO,peGOOO
V[G] = ¢.

Ub,0000 o0DO0DODODPreOOO.
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Definition (Levy [ O )

OO00oOO0oO0ono LevwOOooOQO.

m Coll(x, < 2) U l_[<K(x)

Xe[A]<< aeX
Ep<gepq.
m1=0.

A0000000000,Coll(k,<A) kT = A,

22/26



Polarized Partition on Successors of Singular Cardinals
L] oooooo
LDDDDDDDDD]DD

Definition (Levy [ O )

OO00oOO0oO0ono LevwOOooOQO.

m Coll(x, < 2) U l_[<K(x)
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/lDDDDDDDDDD,COII(K,</1)II-K+:/L

Theorem (D DO OO OODO)
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m j: V]G] - M[H].
mjC]
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N 4 N Il
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~» 000000000 N 0O0DOOOOO0O0DObOObOoOooD
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xk00O000,A000000000O00,
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000o000oo0oDooooooooooooon.
Theorem (T.)
k<ADOOOOO,Col(k,<A)r«O00D00D0”00000,

Coll(k, < A) # P I Yu < K(KI:) - (/ﬁ) Acf(x) = w.

000, Coll(k,< ) KPP0 «0 0 Prikry 0 ",

Col(k,<A)DOOODDOOODODOOO PrikyOOOOODODOOODO
gbobooboo.
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Theorem (Laver, 1982)

A0 HUGEDO,j: V- MO HUGEDODOOOO,xk<A00O0OO
oooooo,00 POOODOO,

P« LA, j(2)) F (“:) S (Zi) Akt = 1.

PO KunenOOQOQOGOGO,LO Laverd O.
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goooo:

m 000000 Polarized Parttion 0O 0O O0O0OOOO0OOO
000000000 ooooooo.

e 000000000000 “Collapse) I+ (Polaized Partition)”

goooooo.
m 00000 “Collapse) = (Prikry-type) i (Polarized Partition)”
oono.

B P« S(k,<j(4)) O Polarized Partiton0 D0 00000000
D0oDod0oooooooooooon?

-

) . + +
[ P*S(K,<j(/l))*¢)u—(KK+)—>(Z+)KDDDD ?
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